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3(1642− x) = (x − a)

1632 − (a − 1) =
70 − (x − a)

2

⇒

{

4x = a + 4926

x = 3a − 3196

⇒

{

x = 1634,

a = 1610.

.h¦¿¯32- 1610 Os¨�1O�Ï� ⊠Yê 1 6/lE4�1�5&3¯9ÍOë`�¯©bËÏ�

�¯Õ&9ÍOS`�&µ 41 ÏÝ�6�®6/l�4�¨O

&¿Ï�

1.2 ô»���&�ßM�b��l�bó�.

�»P��ó.�Þ]�1�5ô»���&�ßM�b��l�

bó�.�6��Î1�5F�º�Ý!���Î%�ßM��

�RcÝ����Îb���ºÌDl��vbóA�|�Õ.

?Ý�6F��H&�2¦�ûÏ��º�Îb��PÝ��v

�|�;�¬àI.]°ÿÕÝ	»Þ 1 bè3�Ý?�BpñÝÜÃ�ì�W�2�Õ�×9û
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(2) �»ÝFZ.��3ÏèÚtS��×�Ì?ÕbèûÏ�Û

2¦Ëg��Ah.¡ P ≤ 78�

(3) ¯@î��»ÝFZ.�\�¥�bèûÏ�ò���aªB

�ÿá�h9ûÏ3Ïè°tSôÎ�Û2¦Ëg�¬Î3Ï
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1758− 2P ≥ 1601 ⇒ P ≤ 78.5.

.�� P ÎÍÑJó�X| P ≤ 78�

(3) ðu P = 72�JbèûÏ3 1110 O� 1182 OÞË��ÛÏ

èÞtS��Ì?�Ð��

ñu P = 73�JbèûÏ3 1101 O� 1174 OÞË��ÛÏ

èÞtS��Ì?�Ð��

òu P = 74�JbèûÏ3 1018 O� 1092 OÞË��ÛÏ

è×tS��Ì?�Ð��
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óu P = 75�JbèûÏ3 1008 O� 1083 OÞË��ÛÏ

è×tS��Ì?�Ð��

ôu P = 77�JbèûÏ3Ïè°tSG�Û2¦×g�3

1373 O���Ì?�Ð�

õu P = 78�JbèûÏ3Ïè°tSG�Û2¦×g�3

1368 O���Ì?�Ð�

öu P = 76�JbèûÏ�Û2¦Ýgó�Ì?Ý8Ð�

á)ÿÕ�bèûÏÝ�� 76 O�

⊠

1.3 yõ�§3�.Ýõ³�@~£��@~Ýèh

5*bÎ�áÍó�ëëó�yÞ�""ó�yë�ÚÚó�y

Þ�®Î¿¢�6Î-��ÕB.ÝEÎ�áÍóF®Þ�à¨

�+�µÎ�E¨b×À���á9K�� 3 tõ 2�� 5 tõ

3�� 7 tõ 2�®9°��b9K�F�

� 3 tõ 2 ÝJó�|�W 3a + 2 ÝlP�!øÝ�� 5 t

õ 3 ÝJó�|�W 5b + 3 Ý�P�A¢O9ËÍP�Ý�!4

÷�¯&Æàóa¼�ÕÏ	
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- �3 · 5 = 15

�Ëfóaÿá�Ï×Í�!4Î 8��ì×Í�!4� 8 Ý-

Ä6Î 3 � 5 Ýt�2¹ó�.Ï×fóaÝFNg® 3�Ï

ÞfóaÝFNg® 5��ê 3 � 5 Ýt�2¹óÎ 15�X|Ï

ÞÍ�!4 8+15���µhÿÕ�3a+2 � 5b+3 Ý�!4

8, 23 = 8 + 15, 38 = 23 + 15, 53 = 38 + 15, · · · ,
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Ç� 3 tõ 2 �� 5 tõ 3 Ý�!ó�|J)W5� 15 tõ 8

Ýó6�

EÎ�áÍóFÝ®ÞyìÝ�®µÎO� 15 tõ 8 �� 7

tõ 2 Ý�!ó�ûG×ðÝ]°�

ð �O�×�!4�

.E� 15 tõ 8FÝóNg® 15��E� 7 tõ 2FÝó

Ng©® 7�X|�E� 15 tõ 8FÝó0�|f´"0Õ

�!4�ÍG¿4

8, 23, 38, · · · .

.ÏÞ4 23 � 7 tõ 2�X| 23 ÎÏ×Í�!4�

ñ ¶ìG¿Í�!4Ýó�

.ÏÞÍ�!4� 23 Ý-Ä6Î 15 � 7 Ýt�2¹ó�ê

15 � 7 Ýt�2¹óÎ 105�X|ÏÞÍ�!4 23+105 =

128�.hG¿Í�!4Ýó

23, 128 = 23 + 105, 233 = 128 + 105, · · · .

ò Xb�!4Ý�î�

ã ñ á¼� 15 tõ 8 �� 7 tõ 2 Ý�!45� 105 t

õ 23 Ýó6�

�EÎ�áÍóFÝ®Þÿá�� 3 tõ 2�� 5 tõ 3�

� 7 tõ 2 Ý�!ó5� 105 tõ 23 Ýó6�9�Ý 105 Î

3, 5, 7 Ýt�2¹ó�� 23 Î!`��ëÍf�Ýt�ÑJó�Yê 2 O� 5 tõ 3 �� 8 tõ 6 Ý�!ó�Yê 3 bÿº��Üyß�¬øÄ"yß�N 5 ß×ó�y 3

ß�N 8 ß×ó�y 6 ß�N 13 ß×ó�y 7 ß�®ÿºb¿

ß�

1.4 àaîÝèh

32ý¿«î�x � y 2ýKÎJóÝFÌ}�F�&ÆÝ®

ÞÎ�A¢¶ìàa 13x − 7y + 8 = 0 X;ÄÝXb}�F�

6



A�Þàa]�P 13x − 7y + 8 = 0 ;¶W�P

13x + 8 = 7y,

£�E�àaX;ÄÝ}�FFµ�|�ÕWE� 13 t�õ 8 �

� 7 t�õ 0 Ý�!4FÝ�ûG×;Ý]°�

ð �O�×�!4�

.E� 13 tõ 8FÝóNg® 13��E� 7 tõ 0FÝó

Ng©® 7�X|�E� 13 tõ 8FÝó0�|f´"0Õ

�!4�ÍG¿4

8, 21, 34, · · · .

.ÏÞ4 21 � 7 tõ 0�X| 21 ÎÏ×Í�!4�

ñ ¶ìG¿Í�!4Ýó�

.ÏÞÍ�!4� 21 Ý-Ä6Î 13 � 7 Ýt�2¹ó�

ê 13 � 7 Ýt�2¹óÎ 91�X|ÏÞÍ�!4 21+91 =

112�.hG¿Í�!4Ýó

21, 112 = 21 + 91, 203 = 112 + 91, · · · .

ò Xb�!4Ý�î�

ã ñ á¼� 13 tõ 8 �� 7 tõ 0 Ý�!45� 91 t�

õ 21 Ýó6�

ó Xb}�FÝ�î°�¢ó�î°��

ãG�á¼�13x + 8 � 7y Ý�!4µÎ5� 91 t�õ 21

Ýó6�ùÇ 91t + 21 Ý�P�Í� t Jó��Æàa

13x − 7y + 8 = 0 ;ÄÝ}�F
{

13x + 8 = 91t + 21

7y = 91t + 21
⇒

{

x = 7t + 1

y = 13t + 3
�t ÎJó��

&Æ.àa 13x − 7y + 8 = 0 i3ì%��;ÄÝ}�F

(−6,−10), (1, 3) � (8, 16) 5½ETÕ t = −1, 0 � 1 Ý���
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y

x

(8, 16)

(1, 3)

(−6, −10)

»Þ 2 Þ×w%Îw3óaîæF��V�%ÎNg®�©�E

'� 7 ��T'¼ 5 ��F�

(1) �%ÎA¢®Õóaî 3 Ý�H�

(2) �%Î�|®Õóaî�×ÍÑJóÝ�H[�

%�&A�%Î'�® x g�'¼® y g�£�%ÎX3Ý�H

ðý 7x − 5y�

(1) 	 x = 4, y = 5 `�%ÎX3Ý�Hðý 7 · 4 − 5 · 5 = 3�

Æ%Î'�® 4 g�'¼® 5 g`�â?®Õóaî 3 Ý�

H�

(2) Þ 7x − 5y = 1 É4ÿ 7x = 5y + 1�Í�!4

21, 56, 91, · · · .

X|�!4Î´4 21�2- 35 Ý�-ó��Æàa 7x−5y = 1

;ÄÝ}�F
{

7x = 35t + 21

5y + 1 = 35t + 21
⇒

{

x = 5t + 3

y = 7t + 4
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ã9Í;��|:��%ÎbP§9Ë®°�|®Õ 1 Ý�

H�»A�'�® 3 g�'¼® 4 g��ÆE��ÑJó k�

	%Î'�® 3k g�'¼® 4k g`�%Îâ?®Õóaî

k Ý�H�ôµÎ1�%Î�|®Õóaî�×ÍÑJóÝ�

H�

⊠Yê 4 Oàa 11x − 9y = 7 X;ÄÝXb}�F�

1.5 �¯¼¡�ÝLZ5vó�

Þ 4 �îWÑJóÝõb9KÍ]P÷�¯&Æ�Ü::Ï	

1 + 1 + 1 + 1, 1 + 1 + 2, 1 + 3, 2 + 2, 4

��Êg�Ý��×�bî�"Ë�!]P�!ø�Þ 5 �îW

ÑJóÝõ×�b

1+1+1+1+1, 1+1+1+2, 1+1+3, 1+4, 1+2+2, 2+3, 5

�ÚË�!]P�Yê 5 �®Þ 6 �îWÑJóÝõb9K�!Ý�î°���Ê

g���

Ý]-��L P (n) EÞ n �îWÑJóõ���Êg�

�Ý]°óF�»A P (4) = 5, P (5) = 7�

bn5vó� 〈P (n)〉�LZ�ÕÝ P (1), P (2), P (3), · · · , P (69)

9 69 ÍÂ�3 1890 O�MacMahon �ÕÕ P (200) ÿÕ

P (200) = 3972999029388.

ó� 〈P (n)〉 ÝÂ�½ n Ý¦��P (n) ">W���ÕG¿4�

L���üD P (n) Ýn;�Î@~¸Ý¥F�Ï×�E P (n) è

�ü�PÌDÝÎ��ó.�Zyµx��s¨E	 n t| 5 õ

4 `� P (n) Î 5 Ý¹ó�	 n t| 7 õ 5 `�P (n) Î 7 Ý¹

ó�	 n t| 11 õ 6 `� P (n) Î 11 Ý¹óF�ôµÎ1
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�§ 1 (Zyµx�§)

5|P (5a + 4), 7|P (7b + 5), 11|P (11c + 6).

bÝZyµx�§�¡�E P (n) ÝÂ�b?9Ý���»Þ 3 ø° n º¸ P (n) Î 35 Ý¹ó�

%�&	 n t| 5 õ 4�t| 7 õ 5 `�P (n) ºÎ 5 � 7 Ý¹

ó�Ç P (n) Î 35 Ý¹ó�X|t| 5 õ 4�t| 7 õ 5 ÝÑJ

ó n ÎX�Ý�n�¨3¿àG×;Ý]°O9° n�

ð �O�×�!4�

.E� 7 tõ 5FÝóNg® 7��E� 5 tõ 4FÝóN

g©® 5�X|�E� 7 tõ 5FÝó0�|f´"0Õ�!

4�ÍG¿4

5, 12, 19, · · · .

.Ïë4 19 � 5 tõ 4�X| 19 ÎÏ×Í�!4�

ñ ¶ìG¿Í�!4Ýó�

.ÏÞ�!4� 19 Ý-Ä6Î 5 � 7 Ýt�2¹ó�ê 5

� 7 Ýt�2¹óÎ 35�X|ÏÞ�!4 19 + 35 = 54�

.hG¿Í�!4Ýó

19, 54 = 19 + 35, 89 = 54 + 35, · · · .

ò Xb�!4Ý�î�

ã ñ á¼� 5 tõ 4 �� 7 tõ 5 Ý�!45� 35 tõ

19 Ýó6�

.t| 5 õ 4�t| 7 õ 5 ÝÑJó n � 35 tõ 19�vh`

Ý n �� 35|P (n)�X| 35|P (35k + 19)�ôµÎ1�� 35 tõ

19 Ý n º¸ P (n) Î 35 Ý¹ó� ⊠Yê 6 ø° n º¸ P (n) Î 77 Ý¹ó�Yê 7 ø° n º¸ P (n) Î 385 Ý¹ó�
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1.6 LZ"��2P

LZó� P (n) ÎÍ�|àf´�Ýó

P (n − 1), P (n − 2), · · · , P (2), P (1)

¼�î÷��nÎ�|Ý��Ä�î°f´�Ó�9Í�ÓÝ�

î2PÌLZ"��2P�¸«"\�ó�
〈

k(3k+1)
2

〉

bn�¯

&Æ¼�ª¸Ï	

Þ k(3k−1)
2

� k(3k+1)
2

�k ÑJó�Ýóµ�Õ���Aì�

1, 2, 5, 7, 12, 15, · · · .

LZs¨5vó� 〈P (n)〉 ��

P (n) =[P (n − 1) + P (n − 2)]−

[P (n − 5) + P (n − 7)]+

[P (n − 12) + P (n − 15)]−

· · · ,

392P��!� P (0) = 1, P (−1) = P (−2) = · · · = 0�9Îb(

Ý5LZ"��2P6�

ã P (1) = 1, P (2) = 2, P (3) = 3, P (4) = 5, P (5) = 7 CLZ"

��2P�.ÿ

P (6) = [P (6 − 1) + P (6 − 2)] − [P (6 − 5) + P (6 − 7)]

= [P (5) + P (4)] − [P (1) + P (−1)]

= [7 + 5] − [1 + 0]

= 11.Yê 8 ¿àLZ"��2P�Õ P (7) � P (8) ÝÂ�
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